Supplementary Note
A Fibonacci sequence derives from a pair of whole numbers 0 and 1 by the recursion formula +2 = +1 + .
(S1)
An explicit form of the -th term,
is established by noting that (i) it holds true when = 0 and 1 and (ii) it obeys (S1) because the golden ratio defined by 1: τ = τ − 1: 1 satisfies
Similarly,
Equations (S2) and (S3) give Equation (3) in the text, i.e., 
Subtracting (S7) from (S8),
Equations (S6) and (S9) give
which is Equation (7) in the text.
Equations (S1) and (S4) give
For / to be an irreducible fraction,
Consequently, the limit divergence angle in Equation ( Supplementary Fig. S1 .
